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MAOHMATIKA KAI ZTOIXEIA ZTATIZTIKHZ FENIKHZ MNMAIAEIAZ
FENIKOY AYKEIOY KAI ENAA (OMAAA B') 2013

OEMA A
A1. Na amodeifete 011 N TAPdywyog TNG TAUuToTIKAG ouvdapTtnong f(X)=x eivail
f'(x)=1, yia kabe xeR
Movadeg 7
A2. ‘Eotw dia ouvdptnon f pe medio opiopol A. Mote Aéue 611 n cuvdpTnon
f Tapouoiddel Tomiké eAAXIOTO OTO X, € A;
Movadeg 4
A3. Na dwaoeTte Tov opIOPO TNG dlapécou (O) evog deiyuaTtog v TApaTnPAOEWV.
Movadeg 4
A4. Na xapaktnpioere TIS TPOTATEIC TTOU akoAouBouv, ypdgovrac oTo TeTpddio oag, OiTAa

OTO ypauua 1ToU avTioToixei o KGBe mmporaon, 1n Aéén Zworo, av n mporaon Eivai
owaTtn, n AdBog, av n mporaon ivar Aavlaouévn.

a) Tatn ouvaptnon T(x) :1, x # 0 1oxvel om f'(x) :i2 (Movadeg 2)
X X

B) Tia 1o yivouevo dUo0 Tmapaywyiocipywy cuvapTtioewy f, g 1oxver 61

(F(x) g(x)) =F'(x) g(x)+f (x) g'(x)
(Movadeg 2)

Y) To pafddypappa XpNOIMOTIOIEITAI yIA Tn YypOa@IK TTapdotaocn Twv

TIMWV PIAG TTOOOTIKAG METABANTAG. (Movadeg 2)

8) H didpeoog civar éva pétpo B€éong, 1O oTroio e€mnpedleTal amod TIg
aKpaieg TapaTnpAoEIG. (Movadeg 2)

€) Tia dUo evdexdueva A kot B evog deiypatikol xwpou Q pye AcCB,
ioxuer 611 P(A) > P(B) (Movadeg 2)

Movadeg 10

©OEMA B
AiveTal 0 SEIYPATIKOG XWPOG Q = {©;,0,,0;,®,} Kol Ta EVEEXOUEVA

A={o,0,} «xa B={0,0,}



Mo Tig mMBavoTnTeg TwV amAWVY evdexopévwy {,} kar { o} Tou Q 10x0er OTI:

. P((D1)___| VX2 +x+1-1

2 x—>-1 X3 + X2

e H P(w,) eival ion pe 10 pubpd petaBoing tng f(x) wg mpog x, 6tav x=1,

oTToUu
f(x)— Inx, x>0
, . 1 1 .
B1. Na atmodeigeTe OTI P(oa1)—z Kal P(m3)—§ Movdadeg 10
, . 1 3 , .
B2. Na amodeifeTe OTI §£P(A) 2 omou A’ To CUPNTTANPWMATIKO Tou A.

Movadeg 7

B3. Av P(A’):%, T6Te va Bpeite Tig MBavoTnTeg P(w,), P(o,), P[(A-B)u(B-A)]

kai P(A'-B’), émmou B’ 10 cupmmAnpwuaTtikd Tou B. Movdadeg 8

OEMA T

Oewpolpe éva deiyua v TApATNPACEWY PIAaG ouveXOUG TTOOOTIKAG METABANTAG X,
TIG OTTOIEG OMOADOTIOIOUME O€ 4 100TTAATEIG KAAOEIG.

AiveTal oTI:
e n MIKPOTEPN TTapaTthpnon €ival 50
e N KEVTPIKA TIMA TNG TETAPTNG KAAONG gival X, =85
e N OXETIKA ouxvoTnta TnG TETAPTNG KAGONG e€ivalr dITTAGOIa TNG OXETIKAG
ouxvoTnTag TnG TpiTNG KAAoNg
e n OIGUECOG TWV TTAPATNPACEWY Tou deiypaTog gival 8=75
Kal
e n MEON TIMA TWV TTAPATNPHOEWYV TOU dEiypuaTog gival x=74
M. Na amodeiete 611 TO TAAGTOC €ival ¢ =10 Movabdeg 4
2. Na peta@épete oto TETPAdIO OAC TOV TTAPOKATW TIiVAKA CUPTTANPWUEVO

owoTa
KevTpIKEG 2 XETIKNA
KAdoeig TiuéEg 2uxvoTnTa
X f
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Zuvo)\o Movdadeg 8
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r3. Aiveta1 6 f,=0,1,1,=0,3 ,f,=0,2 kan f, =0,4
Na atrodeicete OTI n péon TIYR Twv TTApATNPAOEWYV, TOU E€ival
. . 200
MIKpOTEPEG TOU 80, eival = Movédec 7
F4. EmAéyoupe K TTapaTnPAOEIC TOU ApPXIKOU OEiydaTog ME K<V, Ol OTIOIEG
aKoAouBoUv KavoVvIKr KAaTavoun JE
e 10 2,5% Twv TapaTnpnoEwyV auTwyVv va gival TouAdyiotov 74
e 70 16% Twv TAPATNPNOEWY AUTWV VO €ival TO TTOAU 68
Na Bpeite TN géon TIPA KAl TNV TUTTIKA ATTOKAION TWV TTAPATNPACEWY AUTWV
Kabwg¢ Kkal va €getacete av 1O O&iyya Twv TTApPATNPACEWY QUTWV Egival
OMOIOYEVEG. Movdadeg 6
OEMA A

OQewpolpe Tn ouvdaptnon f(x)=xInx+K, x>0, 6mou K aképalog ye K>1 kal Tnv
eQATTOPEVN (€) TNG YPAPIKAG TapdoTtaong Tng f oTo onueio (1,f(1)), n oToia
oXnuaTifel ye Toug agoveg, Tpiywvo eupadou E, pe E<2

A1.
A2.

A3.

Na atmodeifete 0TI K =2 Movadeg 5

Eotw X, X,, ..., X OI TETUNUEVEG 50 onueiwv TnGg (g) Twv oOTOiWV Ol
QVTIOTOIXEC TETAYMEVEG TOUG £XOUV hEON TIUA §:31

a) Na amodeifete 611 X =30 (Movadeg 2)

B) MNa TIg TETPNPEVEG TWV TTAPATTAVW ONUEIWV BEwpPOUYE OTI :

KaBe pia ammo TIg TETUNUEVEG X, Xy, ..., X,p AUEAVETAI KATA 3, OI ETTOPEVEG
15 TteTpunuéveg mapapévouv oTabepéc Kal KABe pia amod TIG UTTOAOITTEG
ehatTwveTal Katd AeR pe A>0.
Na Bpeite To A, woTeE N véa PEON TIMA TWV TETUNMEVWY va €ival ion pe 31
(Movadeg 4)
Movdadeg 6
1
Av —<a<B<y<e pe a®-BP.yY =€, 161 va PBpeite To €Upog¢ R Kkal TN
e
. . . 1) .
Méon TN Twyv TIHwV f(a),f(B), f(y),f(e), f’(—j, otrou f(x)=xInx+2
e
Movadeg 7
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Ad4. Ocecwpolpe TOV BEIYUATIKO XWPO
Q :{tn, n=123,..,30: 0<t, <t, <...<t, <1< t, <.<ty = 1}
e

ME 100TTiBava atmAd evoexOpeva, KABWG Kal Ta evOEXOUEVA

A={teQ: n epamTopévn TNG YPaPIKAG TTapdoTtaong Tng f oto onueio
(t.f(t)), va oxnpariger ue Tov agova x'x ogeia ywvia },

B={teQ: f(t)>f'(t)+1},

omrou f(t)=tint+2

Na BpeBouv ol TIBavOTNTEG:

a) va TpayudatotroinBei To evdexouevo A (uovadeg 3)

B) va TpayuaTtotroin@ouv ouyXpovwg Ta evoexopeva A kal B (povdadeg 4)
Movadeg 7



