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Bl.. 2|z-3i|=2 < |z-3i|=1

Kokhog K (0,3), p=1

B2. |z-3i|=1<

|2=3i =1 (2-3i)(z+3i) =1 < z+3i =

z—-3i

B3. 'Ecto z=x+yi
§:£+3i+_1 = 1,+z—3i:oa

z+31i z-3i
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OEMAT

f:R>R f'(0)=1(0)=0
e (f’(x) +f"(x) - 1) =1'(x)+xf"(x)
Irl. f(x)= ln(eX —X)

(') -e*) =(xf'(x))

e'f'(x)—e* =xf'(x)+c,

e f'(x)—xf'(x)=¢" +c,

(e" —x)f’(x) =e" +c,

Apa f'(0)=0

0=¢"+c, <c,=-1

Oeopd g(x)=¢" —x

gx)=e"-1 e'-1=0=e"=1<=x=0
gx)>0=e"-1>0=>e" >1
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Apa g(x)#0 Vx

£(x) = — ~1

*x :>f(x)=ln(e"—x)+c

Ao £(0)=0 dpa 0=In(e”~0)+c
O=Inl+c=c=0
Apa f(x)=In(e* —x), pe xeR

2. Apob f'(x) = ex _ &yovpe:
et —x
, e —1 x x
f'(x) =— =0 -1=0e"=1x=0

CX _ et —x>0
f'(x)>0 < —

>0 © ef-1>0e*>1ox>0

f(0) = In(¢’ — 0) = In1 =0

X |-o0 0 + oo
f'x)| - +
)] > | 7
T. €.
. e* —1
I'3. Apod f'(x)=—
e* —x

! !

£7(0x) = (e" —1) (e" —x)—(e" —1)(6" —x)
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(¢ -x)
3 ezx—Xex—(ex—l)z _p}{—xe" —9%+2e"—1 2" —xe" -1
- - 2

(e" —x)2 (e" —x)z

f'"x)=0<2e* —xe* —1=0

(¢ ~x)

‘Eoto h(x)=2¢" —xe* —1=0, cuveyng kot mapayoyicyn oto R.

h'(x)=2e" —e* —xe* =¢* —xe* =¢* (1-x)
h(x)=0ee' (I-x)=0=1-x=0=x=1
hW(x)>0se (1-x)>01-x>0= x <1
X [-o0 1
h'(x)| + -
h| 7 |

T. L.

+ 00

h(l)=2¢'—le'=1)=e—-1>0
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+00

lim xe* = lim — = lim ——=-1lime" =0
X—>—00 X—>—00 e X—>—00 _e X—>—00

lim h(x) = lim (2¢"* —xe* —1)=-1

A =(-»,1 h/

h(A,)=( tim h(,h(1) | = (-Le-1]
0eh(A)), dpa éxer pia Tovrdyotov piCa kot enewdn eivar yvnoing avovoa, 1 pila etvor povodikn
A, =[L+®0) h\y

h(A,)=(lim h(o,h(1)]

lim h(x) = lim (2¢* —xe* —1) = -0

X—>+00 X—>+00

lim (2—x)e* =(-o0)-(+0) =—o0

Apa h(A, =(-ow,e—1]
0eh(A,), apa et pio TovAdyiotov pila ko emedn eivan yvnoing edivovsa, n pila eivor

LLOVOOTKT
O mivakag petaforov sivor o €€1G :

X |-00 X1 1 X2 + oo
h'(x) + + 0 - -
h(x - + + -
1 T Y
£ (x) - 0 + + -
| MY | | | 7Y
2.K. 2K

Apa gpeavider Znueio Kapunng oto M (x4, f(X1)) kot oto M (X2, f(X2))
r4. ln(eX - X) = OLVX
Bewpovpe T cuvapTnon O(X) = ln(ex - x) —OLVX
, , T . ,
H o givor cuveyng oto [O,E} ®¢ TPAEEIS GLUVEXDV

¢(0)=In(e’-0)-ovv0=Inl1-1=0-1=-1<0

o) Tlem| e X |—oovE=m|e”-L |50
2 2 2 2

Apa wavomotel Tic tpoimobécelc tov Oswpnuatog Bolzano 6to dibotnpa (0,%) Ko apa VapyEL

’ eX

ToVAGyoTov pio pila . Opmg ¢'(x) = (ln(eX - x) - GUVX) = +nux > 0. Apan ¢ &xel

X

axppag pia piCa oto (O,gj.
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f,ge:R—>R xeR
-X 2t
Al 1-f(x)=¢™ t
;[g(x+t)

Pétoxtt=1u

dt=du

t=0 =>u=x

t=-x =>u=0

1- f(x) jz(”x)
g(u)

1- f(x) j% 2" X>
g(u)

2u

du

f 1=
0° I 2(w)
Opow g(x)—1= I fe(i) du

Enedf e, f, g ovveyeic, 161e j ©
0 &)

2x

f'(x) =
g(x)
f'(x)g(x) =f(x)-g'(x) =

f(x)g(x)-f(x)-g(x) =0 ——

2u

f(x)
g(®)

Oupoimg: g'(x) = ©

=C
= f(x) = g(x)

Mo x=0=1(0)=1=g(0)

2x

A2. £'(x) = fe(

& 2f'(x)-f(x) = 2>

[Fe0] =(e")

f2(x)=¢e +c (x=0=f(0)=1=c¢=0)
£(x)>0
f2(x)=e™ < f(x)=¢"
A3, Tim L) iy X
x—0" [ 1 j x—0" el/x
fl =
X
Iim — X _ = lim ;
x—>0" el/x x—>0" 1 1/x 1
X lim —
y—>—x0 yey

1
Oétoy=—, x>0 =>y—>-o
X

o (x)-f(x) =e™
X)

du «at I e(u

du mapaywyicyeg
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lim ye’ = lim =— = lim ——= lim (—ey) =0

y—>—0 y——© y—>—0 y—o—o

e’ e’

y—>-0=y<0 apa ye’ <0= limL=—oo
ya—ooyey

Ad. E(Q) = j|F(x)|dx

F(x)=¢" >0=F/
x>1=F(x)>0

x<1=F(x)<0
1

E(Q) = j—F(x)dx = —J.x'F(x)dx = —[xF(x)]:) + J.xe"zdx =

0

, Tl
e | _e 1 _e-l
2 2 2 2




