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APXH 1HY YEAIAAY - A’EZTTEPINQN

NMANEAAAAIKEZ EZETAZEIZ
A" TAZHZ EZMNEPINOY NENIKOY AYKEIOY
KAI EMNAA (OMAAA BY)
AEYTEPA 20 MAIOY 2013 - EEETAZOMENO MAGHMA:
MAOHMATIKA KAI ZTOIXEIA ZTATIZTIKHZ FENIKHZ MNMAIAEIAZ
2YNOAO ZEAIAQN: TEZZEPIZ (4)

OEMA A

A1l.

A2.

A3.

A4.

Na amodeifete 0TI N TAPAYWYOG TNG TAUTOTIKAG ouvdaptnong f(X)=x eival
f'(x)=1, yia kabe xeR
Movadeg 7

‘EoTw dia ouvdptnon f pe medio opiopol A. Mote Aéue 611 n ouvdpTnon

f Tmapouoiddel Tomiké eAAXIOTO OTO X, € A;
Movadeg 4
Na dwaoeTte Tov opIOPO TNG dlapécou (O) evog deiyuaTtog v TapaTnPAOEWY.
Movadeg 4

Na xapaktnpioere TIS TPOTACEIS TTOU akoAouBouv, ypd@ovrac oTo TeTpddio oag, OiTAa
OTO ypauua TToU QvTioToIxEl o€ KGBe mmporaon, 1n Aéén Zworo, av n mporacn &ivai
owaTn, N AdaBog, av n mporaon givar Aavlacouévn.

a) Ta 1n ouvdpTnon f(x):l, x=0 1oxvel 6T f'(x):i2 (Movadeg 2)
X X

B) Ta 1o yivouevo dU0 TTapaywyioipwy cuvaptioewyv f, g 1oxvel oTI:

(F() 9(9)) =F'(x) g(x)+f(x) g'(x)
(Movadeg 2)

Y) To paBddéypauua XpnoIYJOTIOIEITAI yIa Tn ypa@Ikn TTapdotacn Twv
TIMWV PIAG TTOOOTIKAG METABANTAG. (Movadeg 2)

8) H didpeocog civar éva pétpo Béong, 10 oToio emnpedleTal amd TIg
aKpAieg TTapaTNPAOEIG. (Movadeg 2)

g) O1 moootnteg X, Vv, f, yia éva deiyya ouykevipwvovrtal ot £va

177
OUVOTITIKO TTivakd, TTOU OVOMACETAl TTiVAKAG KATAVOUNRG OUXVOTATWYV.
(Movadeg 2)

Movadeg 10

TEAOX 1H> AIIO 4 ZEAIAEX
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APXH 2HY YEAIAAY - A’EZTTEPINQN

OEMA B

Aivetal n ouvdptnon f:R >R pe 1010:
f(x)=x®—ax®* +Bx+y, ao,p,yeR

B1. Na uttoAoyioete 10 vy, av €ival yvwoTo OTI

x* -9

=lim ——

Yo X+6-3
Movadeg 7

B2. Na umoloyicete Ta o, R av o1 epamTOpeveG TNG YPAPIKAG TTAPACTACNG
) . 1 . . :
¢ f, ota onueia pe TeTunuéveg 1 kai § givalr TapdAAnAeg otov dgova X'X.

Movadeg 8

B3. lNa a=2,B=1xoty=36 va peAetAceTre Tn ouvdptnon f wg mpog Tn
MOovOoTOVvia Kal T aKkpoTaTaA.

Movdadeg 10

OEMA T

OewpoUlpe éva deiyua v TAPATNPAOEWY MIOG OUVEXOUG TTOOOTIKAG METABANTAG X,
TIG OTTOIEC OPJAdOTIOIOUNE O€ 4 1I00TTAATEIG KAAOEIG.

AiveTtal OTI:

e n MIKPOTEPN TTapaTthpnon €ival 50

® N KEVTPIKA TIPA TNG TETAPTNG KAAGong eival X, =85

e N OXETIKN ouxvoTnTta TnG TETAPTNG KAAoNg e€ival dITTAGOIA TNG OXETIKAG
ouxvoTnTag TnG TPiTNG KAdonNg

e n JIGUECOC TWV TTAPATNPACEWYV TOU deiypaTtog gival 0=75
Kal

e n HEON TIMA TWV TTAPATNPHOEWYV TOU dEiypuaTog gival X=74

M. Na amodeiete 611 TO TAAGTOG €ival ¢ =10

Movadeg 7
Nr2. Na petapépete o010 TETPAdIO COAG TOV TTAPAKATW TiVAKA CUPTTANPWHEVO
owoTA
KevTpikég 2XETIKN
KAdoeig Tipég ZuxvoTnta
X, f
[, ")
[.")
. )
[, ")
2UvVoAo
Movadeg 10

TEAOX 2H> AIIO 4 ZEAIAEX
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APXH 3HY YEAIAAY - A’EZTTEPINQN

r3. Aivetai 6m f,=01, f,=0,3, f; =0,2 ka1 f, =0,4
Na atmodeitete OTI n déon TINA Twv TTapatnproewy, TOU Eival
. ] 200
MIKpOTEPEG TOU 80, €ival =
Movadeg 8
OEMA A

Oewpolpe Tn ouvdptnon f(X)=x*+kK+1 xe R, 6Tou K aképalog pe K>2 Kal
NV e@amTopévn (€) TNG ypagikng mapaotaong tng f oto onueio (1, f(1)), n
oTToia oxnuartiCel ye Toug Agoveg, Tpiywvo eufadou E, pe E<4

A1.

A2.

A3.

Na atmodeifete 011 K=3
Movadeg 7

Eotw X;, X,, ..., Xgg O1 TeTUNUEvVeG 50 onueiwv TG (g£) Twv oToiwv ol

OVTIOTOIXEG TETAYUEVEG TOUG Y., Yo, ..., Y50 EXOUV HEDN TIUNA §=63.

a) Na atmmodeigete 0TI x =30 (Movadeg 5)

B) MNa TiIg TETUNMEVES TWV TTAPATTAVW ONUEIiWY Bewpouue OTI :

KaBe pia amod TIg TETUNUEVEG X, X,, ..., Xyg QUGAVETAI KATA 3. O1 ETOPEVEG
15 TeTunuéveg mapapévouv oTabepEg, Kal KABe pia ammd TI¢ UTTOAOITTEG
ehaTTwveTal KATad AeR pe A>0.

Na Bpeite TO A, WOTE N vEa PéEon TIPA TwV TETPNUEVWY va gival ion pe 31
(Movadeg 5)
Movadeg 10

Av 0<a<B<y<1 pe a®+B%+y?=6, 161¢ va Bpeite To eUpo¢ R Kal Tn péon
TIuA Twv TIHWV f(a), f(B), f(y), f(1), f'(0), otou f(x) =x* +4

Movadeg 8

TEAOX 3H> AIIO 4 ZEAIAEX
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APXH 4H> EAIAAY - A’'EXTIEPINQN
OAHTIIEZ (yia Touc e€sTalopévouc)

2170 eELWQUAAO Tou TeTpadiou va ypdwete 1O eeTaldpevo padNUa. Z10
ECWQUAAO TTAVW-TTAVW VA CUPTTIANPWOETE TA ATOMUIKA OTOIXEIQ aBNTh. 21NV
apXA TwWV ammavIACEWV 0ac VO YPAWETE TTAVW-TTAVW TNV nUEPOUNVIa Kail 1o
ecetalouevo pddbnua. Na punv avriypdwete 1a BEpata o010 TETPAdIO KAl VO
UNV YypAweTE TTOUBEVA OTIC OTTAVTACEIG 0OG TO OVONA 0AgG.

Na ypAWETE TO OVOMATETTWVUPO O0OG OTO TTAVW MEPOG TWV QWTOAVTIYPAPWYV
auéowg PMOAIG oag TTapadoBouyv. Tuxov onUEIWOEIC 0a¢ TTAVw oTa BépaTta dev
8a BaBuoAoynbouv oe kapia Tepimrwon. Kard tnv amoxwpnon oag va
TapadwoeTe Yadi e 1o TETPADIO KAl TA QWTOAVTiypa@a.

Na atmraviioeTe 0TO TETPADIO 0ag Ot OAa Ta BEparta pMOVO Pe PTTAE 1) pOvo
ME MOAUPO OTUAG pe peAdvi TTou dev ofBrivel. MoAUBI emiTpémeTal, MOVO Av TO
¢ntael n ekpwvnon, kat MONO yia mmivakeg, dlaypAuPaTa KATT.

KaBe amdvinon €mMIOTAMOVIKA TEKUNPIWHEVN €ival aTTOOEKTH.

Aldpkela e¢€Taong: TPEIG (3) WPEG META TN SIAVOMN TWV QWTOAVTIYPAPWYV.
Xpbévog duvaTtng ammoxwpnong: 10.30 ..

KAAH ENITYXIA

TEAOZ MHNYMATOZ
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