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MAOGHMATIKA KAI XYTOIXEIA XTATIXTIKHX

IF'ENIKHX ITATAEIAX
I'ENIKOY AYKEIOY KAI EITAA (OMAAA B’) 2012

OEMA A

Al.

A2.

A3.

A4.

Av oL ovvaptioelc f, g eival mapaywytowweg oto R, va
amode(Eete 611 (F(X)+9(x)) = (X)+g'(x), xeR Movaddeg 7
2e €va metpauo ue LoomiBava amoteAéonato vo OWOETE
TOV “AaOL®O 00LOUS TG mhaveTnTag €VOg eVOEYOUEVOU
A Movadec 4

[Todhc optletar 0 oVVTEAECTNC UWETAPBOANC | CVVTEAEOTNC
wetTafAntoTnToc nrag neTtafAntig X, av x>0 rat mog, av
x <0 Movadeg 4

Na yaoaxtnoloete TIC TOOTATELS TOV AX0AOVOOVY, YOAPOVTUS
070 TETOAOLO 0ag, OImAQ OTO YOoAUUQ TOV AVTLOTOLYXEl O xAO€
mootaon, 1 A€En Xwoto, av n mpotaon eivair owotn, 1
AdBog, av n mpootTaon eivol Aavlaougv.

a) To xvrAind dLdyoauua YONOLWOTOLE(TAL HOVO YLO TN
YOOLPLUN TaQAoTAON TOCOTLXMOV dedouévmv
(novadec 2).

B) H moapdywyogc tng f oto X, exgppdler 10 QUuOUS
wetaPolng tov y=f(x) wg mEOg X, OTAV X=X,
(novadec 2).

v) Av AB evoeyoueva €vogc OELYUWATLXROU YWEOU Q UE
AcB, 161e LoyxVeL 6tL P(A)>P(B) (wovdadeg 2).

0) To gVpog, N OLarVUAVON ROl 1] TUTLRY ATORALON TOV
TILOV  ULog UETAPANTAC elvar we€tpa OLaomOQdAg
(novadecg 2).

g) lim nqux=nux,, Xo€R (novadeg 2). Movadeg 10
X—>X
0

OEMA B
O yo6volL (0 AexTd) OV YOELACTNXRAYV OL BoONTEC nLog TAENC
vy va AVoovv €va noafnuatird meOofAnUa aAVAROVV OTO
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draotnua [5,45) nat €xovv opadomoinOel o técoepLg ®hGoELC
toov mAdtove. Ta Oedouéva tTwv yodvwv egupaviCovialr o0To
TAQUXATM LOTOYQOUUO OBQOLOTIXMV OYXETLX®OV OLVYVOTHTWYV
ML TOLS EXATO.

F% |
/N
50% -
Fi% T
I
0 15 45
B1l. Me fpdon ToQAmAvVW LoTtéyoouua aBQoLoTIR®YV
OYETLXMDV CVYVOTNTWV €T TOLS EXATO, VO VITOAOYIOETE TN
OLAUECO TMV XOOVMWYV TOV XOELAOTNXRAV Ol LoOnTEC.
Movaodec 4
B2. 2tov enduevo mivaro OUYVOTNTOV TNS XATAVOUNS TWV
voOvov, vo amodeiEete ot a=8 (novdadec 3) nair va
LWETAQEQETE TOV TIvVArA RATAAANAO CUVUTANQWUEVO OTO
1eT0G016 coc (movadec 5).
XQOV(,)L X Vi fl% Ni Fl%
(Aemtd)
[5, " ) o+4
[. ’ ) ) 3(1"6
[, ) 200+ 8
[-, 45) a-2
ZUvolo
Movdaodec 8

B3. Na PoeBel n uéon tiunq X ot 1 tominy axériion s tov

YOOVWYV TOoV yoeLtdotTnrayv ot padntéc.
(Alvetol 6TL: /84 29,17)

Movaodec 8




B4. Na PoeBel to mooootd twv uabntov mov ypeLaoTnray
tovAdytotov 37 Aemtd va AVoovv TOo podnuoatixnd
TOOPANQL. Movdadeg 5

OEMAT

And tovg naBntéc urag TAENC evog oyoAelov emiAéyovue
tuyata évav uadnti. Av v guorogc apludc ue v=3, 10TE 1
mbavotTnTa Tov evdeyouévov o nadntng va nabaivel

o TTaAlnd €lval

vZ+1

., v+2
o [omavird sival 5
vo+1

e oL TIc OV0 TaQATAVW YAWOOEC Elval

vZ+1

e ula TovAAyLoOTOV OO TLC TOQATAVEW YAWDOOES €ival (oM

[2
we To 6pto  lim 2 X2+3_2)

x=>-1  X“+X

I'l. Na amodeiEete 611 TO €VOEYOUEVO O noBntnig va nabaivet
wio TovAdyLotTov amd TIC TAQATAVW OV0 YADOOEC €ival
BEParo. Movaodeg 7

I'2. No amodeiEete 611 v=3 Movadeg 6
I'3. Na Poeite tnv mBavétnta tov evdexouévov o nabning
vo pwabatver wévo uta amxd tic dvo yhwooec. Movdadeg 6
I'd. Av o0 aplBudc Tov nadntdv mov nabaivovyv xaL Tigc dVo
TaQamAvw YADooeg etval 32, va Poelte Tov aplBud twv

wafntov tne TdEnc. Movdodeg 6
OEMA A
1+ In%x
Aivetay n ovvaptnon f(X) :T, x>0

Al. Na amodei&ete 6t n f elval yvnotmg @bivovoa.
Movadeg 5
A2. 'Eotw M (x,f(x)), x>0 onueio NS yoOo@Lxic mapdotaong
e f. H mapdAAnin evBela and to M mpog tov dEova
yy Téuver tov muidEova Ox oto onueto K(x,00 noat 1
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A3.

TAQAAANAN evBela amd 1o M mpog Tov dEova XX TEUVEL
tov nuitdEova Oy oto onueio A(0,f(x)). Av O eivar n apyq
Twv afoévoyv, va amodetEete OTtL TtOo eufaddv  TOV
opBoywviov TAQAAANAO YOO UUOV OKMA vivetal
eELAYLOTO, OTAV AVTO YIVEL TETPAYWVO. Movadeg 7

‘Eotw n evBela c:y=ax+B, B=10, n owoila elvatr ma@AaAAnAn
TOOC TNV €QATTOUEVY TNS YOOPLrNS mapdotaong tng f
oto onueto I(Lf) Oswpovus Oéxa onuelo (x;,Yi),
i=1,2,..,10 tnc evBelog &, T€TOLOL MDOTE OL TETUNUEVES TOVC

X; va €xovv uéom tiun X=10 xoL TUTLRY ATORALOY S, =2.
No poeite vy moieg TIwéc Tov B TO Odelywa TV
TETAYUEVOVY Y;TOV O€na ONUElmVY elVaLl OLOLOYEVEC.

Movdodec 8

Ad. Av A 7oL B elvar evdeydueva evoc deLyuatinov YOOV UE

toomiBava amAd  evoeyoueva, TETOLO WOTE A=
RULANB=J, 101 vo amodeiEete OTL

f(P(A))+f(P(ANB))> 2f(P(AUB))
Movadeg 5



